1. Introduction. Runge [4] proved that certain binary Diophantine equations have only finitely many solutions. Here we give an argument concerning lattice points represented by Puiseux series which proves Runge's Theorem and permits a generalization which shows that there are only finitely many solutions in integers-subject to suitable restrictions-of an algebraic number field. As in the case of Runge's Theorem upper bounds for the absolute value of each solution can be computed, by the methods of the proof.
Let
F{x,y) = £ £ dij-xY e C [z,y] be of degree d\ and cfo in x and y, respectively. Let X > 0. We define the \-leading part, F\(x,y), of F(x,y) to be the polynomial consisting of the sum of all terms aijX l y 3 of F(x, y) for which i + \j is maximal, for that fixed value of X. We define the leading part, F(x,y), of F(x,y) to be the sum of all such terms as X varies.
We say that an irreducible polynomial 
Then all these L-lattice points (x,y) satisfy an equation P{x,y) = 0 where P(x, y) G Z[x, y], deg^ P < se, and P\ is a monomial for all X # m/e. For X = m/e, P\ is a constant multiple of a power ofx times a power of an irreducible polynomial in Z[x,y]. Moreover, P = P m / e . If there is an infinity of L-lattice points satisfying
We deduce, in [3] , Runge's Theorem, as a corollary of Theorem 1, in the case t = 1. Bounds for \x\ and \y\ are also computed in [3] .
For general t we deduce, in [3] , the following generalization of Runge's Theorem, as another corollary of Theorem 1. 
Prom the estimations of F(x^T\y^;p)
we deduce that Q(x,y) vanishes for all but a finite number of these L-lattice points (x, t/), and so there is a polynomial of the form P{x 9 y) = Qi{x)Q{x t y)€Z[x t y] f with Qi(x) G Z [x] , that vanishes at all of these L-lattice points. Finally we argue that P(x, y) and i\(x, y) have the indicated properties.
Note that for the finiteness results of Theorems 1 and 2 over algebraic number fields some restrictions like (iv) and (v) in Theorem 2 are needed. For example the equation (x -a)(y -b) = l satisfies Runge's Condition, but has infinitely many solutions, x = a + r}, y^b + rj" 1 in integers of a number field with infinitely many units rj.
As a simple illustration we consider the problem: When is the product of four consecutive integers a square? That is, find the solutions of For w = +i the equation x 2 + x -1 = 0 has no solution in the field and for uj = (±1 + iy/3)/2 the quantities (w + w)/2 are not integers.
In some real quadratic number fields there obviously are solutions with y 7 e 0. Nevertheless the conditions of Theorem 2 are satisfied and we can get good bounds for the solutions. To see this let rj be the fundamental unit of the field. Then (2.1) yields
So, if there are solutions for large n, then This yields the fact that the number of solutions is finite in integers of any real quadratic number field and the bounds can be readily computed, as we do in [3] for solutions in Z. The above argument is equally valid for all number fields with a cyclic group of units (other than the roots of unity), since in those cases \l/x\ and |l/y| are small when n-and hence fxl and \y\-are large.
